The notion of an almost continuous function has previously been defined in two different ways. This paper explores the relationship between these two notions, leading to an alternate characterization of continuity for real functions.
The following example of such a function is due to Cesàro : Sincef^(K) is dense in M, the set PC\G(f) is nonempty. By construction, Bd(F)nC7(/)=0. Hence P and the complement of its closure are a separation of G(f). But by property (i) and Lemma 2, G(f) is connected. Hence/is continuous, and the proof is complete.
It is interesting now to ask the question whether or not the three conditions cited in the theorem are redundant. A partial answer may be obtained by looking at some examples.
Example 2. Let/: R-^-R be given by/(x)=x if x is rational and/(x) = -x if x is irrational. This is a discontinuous function satisfying properties (ii) and (iii), but not (i). Hence property (i) is not redundant and must be included.
Example 3. Let f:R^>-R be given by/(x)=sin(l/x) for x^O, and
